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ABSTRACT
This paper gives the conditions under which a closed map becomes almost continuous.
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INTRODUCTION
Study of almost continuous maps can be found in [3],[4],[51,[61.[71.[8].[9],[10].Using the characterizations of H-closed

spaces L. Herrington and P.E.Long [4] have proved that if f: X —* Y has strongly closed graph, where Y is H-closed
, then f is weakly continuous(in fact almost continuous). Fuller [1] has proved that if f: X —* Y has closed graph where

Y is compact, then f is continuous. Garg and Goel [2] have proved that if f: X —* Y is closed with compact fibers,

where X is T, then f has closed graph. In this paper, we have given an analogue of the results of L. Herrington, P. E.
Long and R. V. Fuller. The present paper is an endeavour to find the conditions under which a closed map becomes
almost continuous.

Throughout, by a space we shall mean a topological space. No separation axioms are assumed and no map is assumed
to be continuous or onto unless mentioned explicitly; cl(A) will denote the closure of the subset A in the space X. If X

and Y are topological spaces, we say that a mapping f: X —*Y has a closed graph if G(f) = {(x, f(x)): xeX} is a closed
subset of X x Y. A function f:X —* Y is said to be continuous at x € X if for each open set V containing f(x) , there

exists an open set U containing x such that f(U) < V. A function f: X— Y is said to be almost continuous if f (V) is

open for every regular open subset V of Y equivalently, f *(F) is closed for every regular closed subset F of Y. A space
X is said to be H-closed if for every open cover {U, : aeA} there exists a finite subfamily {U,;:i=1,2,...,n} such that

u{cl(Uy): 1<i<n} = X . If f: X—=Y is a map, then the fibers are the sets f *(y) where yeY. The primary purpose of

this paper is to give the conditions under which a closed map becomes almost continuous when the range space is H-
closed.

MAIN RESULTS
The following lemma will be used in the proof of our theorem.

Lemma: A regular closed subset of H-closed space is closed.

Theorem 1: Let f: X —* Y be closed with compact (closed) fibers where X is T, (regular) and Y is H-closed. Then f is
almost continuous.

Proof: We prove the non-parenthesis part. The proof of parenthesis part is similar.

Let K be a regular closed subset of Y and let x¢f*(K). Then x¢ f'(y), yeK. Since X is T,, there exist open sets U, and
U, containing x and f(y) respectively such that U, N U, =@. Since f is closed, there exists an open set V,,
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containing y such that f‘l(Vy)cUy. Now K being a regular closed subset of H-closed space is H-closed by above lemma,

n
Therefore {V,}, y € K being an open cover of K, has a finite subfamily{V,; :i=1...n} such that K UCI(\/yi ) and
i=1

sof {K) G, = UCIUV. as f’l(\/y) cy=V,cfU))

i=1

n

> clV,)ccd fU,)c f (Cl(Uy))=> f _1(C|(\/y) cclU,) Thenu = ﬂ(le) is an open set containing x
i=1

and U N f(K) = @ implying thereby that x & cl (f *(K)). Hence f is almost continuous.

The following example shows that the condition of H-closed space on the range space can not be dropped.

Example: Let X be the closed unit interval with the usual subspace topology and let Y be the closed unit interval using
1

the usual open sets together with the set {E} as a subbasis. The identity map i: X—*Y is closed with closed as well as

compact fibers but not weakly continuous and hence not almost continuous. Here the domain space X is T, as well as
regular but Y is not H-closed.
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