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ABSTRACT 

In Medical Science, the multiplicative connectivity indices are used in the analysis of drug molecular structures which 
are helpful for medical scientists and pharmaceutical scientists to find out the chemical, biological characteristics and 
medical information of drugs. They are also used in the nanoscience engineering applications. In this paper, the first 
multiplicative atom bond connectivity and multiplicative geometric-arithmetic indices of some important nanostar 
dendrimers which appeared in nanoscience. These results have a wide application prospect in medical, nanoscience 
and pharmaceutical engineering. 
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1. INTRODUCTION 

 
In the field of nanoscience, many researchers found that there is a close relationship between the biological and 
chemical characteristics and the molecular graph structure of nanomaterial itself. Therefore it emerges as a new branch 
of Theoretical Chemistry and it depends on the calculation of topological index to compute the characteristics of 
nanomaterials. A molecular graph is a simple graph related to the structure of a nanomaterial. Each vertex of a 
molecular structure of drug can be expressed by a molecular graph represents an atom of the molecule and its edges to 
the bonds between atoms. Then chemical molecular structure of drug can be expressed by a molecular graph. 
Concerning the definition of the topological index on the molecular graph, and corresponding medical, chemical 
properties of drugs can be studied by the topological index calculation. To understand the nature of the drug, this 
procedure does not depend on the laboratory equipments and reagents, that it saves the cost. 
 
In this paper, we consider only a finite, simple connected graph G with vertex set V(G) and edge set E(G). A single 
number that can be used to characterize some property of the molecular graph is called a topological index. Several 
degree based topological indices like Randić index, sum connectivity index, product connectivity Revan index, sum 
connectivity Revan index and so on. There are some contributions on degree based indices of certain molecular 
structures and they can be referred to Alikhani et al. [1], Ashrafi et al. [2], Das et al. [3], Estrada et al. [5], Gao et al. 
[6,7], Husin et al. [11], Kulli [17] and Zhao et al. [25]. 
 
In [12], Kulli introduced the first multiplicative atom bond connectivity index and multiplicative geometric- arithmetic 
index of a graph as follows: 
 
The first multiplicative atom bond connectivity index of a graph G is defined as  
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The multiplicative geometric-arithmetic index of a graph G is defined as  
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Several papers contributed to different kinds of multiplicative connectivity indices of special molecular structures, and 
they can be referred to Gao et al. [8], Gao et al. [9], Gao et al. [10], Liu et al. [24], and Kulli [13, 14, 15, 16, 17, 18, 19, 
20, 21, 22, 23]. 
 
In this paper, the first multiplicative atom bond connectivity and multiplicative geometric-arithmetic indices for certain 
infinite families of nanostar dendrimers are computed. For more information about nanostar dendrimers see [4]. 
 
2. RESULTS FOR NS1[n] DENDRIMER NANOSTARS 
 
In this section, we focus on the first class of nanostar dendrimer, denoted by NS1[n], where n is the steps of growth in 
this type of dendrimer. The graph of NS1[n] nanostar dendrimer is presented in Figure 1. 

 
Figure-1: The molecular graph of NS1[n] 

 
Let G be the molecular graph of NS1[n] polypropylenimine octaamine dendrimer. By calculation, we obtain that G has 
32 × 2n – 29 edges. Also by calculation, we obtain that G has four types of edges based on the degree of end vertices of 
each edge as given in Table 1. 

 Gd u , ( )Gd v  \ uv ∈ E(G) (1, 2) (1, 3) (2,2) (2,3) 

Number of edges 2×2n 4 × 2n – 4 12 × 2n – 11 14 × 2n – 14 
Table-1: Edge partition of NS1[n] 

 
In the following theorems, we compute the first multiplicative ABC index and multiplicative GA index of NS1[n]. 
 
Theorem 1: The first multiplicative atom bond connectivity index of polypropylenimine octaamine dendrimer NS1[n] 
is  
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Proof: From equation (1) and using Table 1, we deduce 
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Theorem 2: The multiplicative geometric-arithmetic index of polypropylenimine octaamine NS1[n] dendrimer nanostar 
is  
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Proof: From equation (2) and using Table (1), we deduce 
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3. RESULTS FOR NS2[n] NANOSTAR DENDRIMERS 
 
In this section, we focus on the second class of nanostar dendrimer, denoted by NS2[n], where n is the steps of growth 
in this type of dendrimer. The graph of NS2[n] nanostar dendrimer is shown in Figure 2. 
 

 
Figure-2: The structure of NS2[n] 

 
Let G be the molecular graph of NS2[n] polypropylenimine octaamine dendrimer. By calculation, we obtain that G has 
16 × 2n – 11 edges. Also by calculation, we obtain that G has three types of edges based on the degree of end vertices of 
each edge as given Table 2. 
 

 Gd u , ( )Gd v  \ uv ∈ E(G) (1, 2) (2,2) (2,3) 

Number of edges 2×2n 8 × 2n – 5 6 × 2n – 6 
Table-2: Edge partition of NS2[n] 

 
In the following theorems, we derive the first multiplicative ABC index and multiplicative GA index of NS2[n].  
 
Theorem 3: The first multiplicative atom bond connectivity index of polypropyleninine octaamine dendrimer NS2[n] is  
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Proof: Using equation (1) and Table 2, we derive 
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Theorem 4: The multiplicative geometric-arithmetic index of polypropyleninine octaamine dendrimer NS2[n] is 
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Proof: Using equation (2) and Table 2, we have  
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4. RESULTS FOR NS3[n] POLYMER DENDRIMERS 
 
In this section, we focus on the class of nanostar dendrimer, denoted by NS3[n], where n is the steps of growth in this 
type of dendrimer. The graph of NS3[n] polymer dendrimer is presented in Figure 3. 

 
Figure-3: The structure of polymer dendrimer NS3[n] 

 
Let G be the molecular graph of NS3[n] polymer dendrimer. By calculation, we obtain that |E(NS3[n]) | = 69 × 2n  + 90. 
Also by calculation, we obtain that G has four types of edges based on the degree of the end vertices of each edge as 
given in Table 3. 

 Gd u , ( )Gd v  \ uv ∈ E(G) (1, 2) (2, 2) (2,3) (3,3) 

Number of edges 3×2n 27 × 2n – 24 33 × 2n + 114 6 × 2n 
Table-3: Edge partition of NS3[n] 

 
We now compute the first multiplicative ABC index and multiplicative GA index of NS3[n]. 
 
Theorem 5: The first multiplicative atom bond connectivity index of polymer dendrimer NS3[n] is  
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Proof: From equation (1) and using Table 3, we obtain  
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Theorem 6: The multiplicative geometric-arithmetic index of polymer dendrimer NS3[n] is  

[ ]( )3GAII NS n =
3 2

2 2
3

n×
 
  
 

33 2 114
2 6 .

5

n× +
 

×  
 

 

 
Proof: From equation (2) and using Table 3, we have   
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5. RESULTS FOR NS4[n] FULLERENE DENDRIMERS 
 
In this section, we consider the class of fullerene dendrimer, denoted by NS4[n], where n is the steps of growth in this 
type of dendrimer. The molecular graph of NS4[n] fullerene dendrimer is presented in Figure 4. 

 
Figure-4: The structure of fullerene dendrimer NS4[n] 

 
Let G be the graph of NS4[n] fullerene dendrimer. By calculation, we obtain that G has 20 × 2n + 89 edges. Also by 
calculation, we obtain that G has six types of edges based on the degree of the end vertices of each edge as given in 
Table 4. 

 Gd u , ( )Gd v  \ uv ∈ E(G) (1, 2) (2, 2) (2,3) (3,3) (3,4) (4,4) 

Number of edges 2×2n 2 × 2n + 2 16 × 2n – 8 86 6 3 
Table-4: Edge partition of NS4[n] 
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We now compute the first multiplicative ABC index and multiplicative GA index of NS4[n]. 
 
Theorem 7: The first multiplicative atom bond connectivity index of fullerene dendrimer NS4[n] is  
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Proof: From equation (1) and using Table 4, we derive  
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Theorem 8: The multiplicative geometric-arithmetic index of fullerene dendrimer NS4[n] is  
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Proof: From equation (2) and using Table 4, we derive   
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6. RESULTS FOR POLYMER DENDRIMERS NS5[n] 
 
In this section, we consider the class of polymer dendrimer NS5[n], where n is the steps of growth. The molecular graph 
of NS5[n] polymer dendrimer is shown in Figure 5. 

 
Figure-5: The structure of polymer dendrimer NS5[n] 
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Let G be the graph of NS5[n] polymer dendrimer. By calculation, we obtain that NS5[n] has 60 × 2n  + 27 edges. Also by 
calculation, we obtain that E(NS5[n]) can be divided into four partitions as given in Table 5. 

 Gd u , ( )Gd v  \ uv ∈ E(G) (1, 3) (2, 2) (2,3) (3,3) 

Number of edges 6 × 2n + 3 6 × 2n + 6 48 × 2n – 6 24 
Table-5: Edge partition of NS5[n] 

 
We now compute the first multiplicative ABC index and multiplicative GA index of NS5[n]. 
Theorem 9: The first multiplicative atom bond connectivity index of polymer dendrimer NS5[n] is  
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Proof: From equation (1) and using Table 5, we deduce  
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Theorem 10: The multiplicative geometric-arithmetic index of polymer dendrimer NS5[n] is  
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Proof: Using equation (2) and using Table 5, we deduce   
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7. RESULTS FOR NANOSTAR DENDRIMERS Dn 
 
We now focus on the class of nanostar dendrimer, denoted by Dn, where n is the steps of growth. The graph of Dn 
nanostar dendrimer is depicted in Figure 6. 

 
Figure-6: The graph of nanostar dendrimer Dn 
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Let G be the graph of Dn nanostar dendrimer. The graph G has 33 × 2n – 45 edges. By calculation, we obtain that the 
edge set E(Dn) can be divided into three partitions as given Table 6. 

 Gd u , ( )Gd v  \ uv ∈ E(G) (2, 2) (2,3) (3,3) 

Number of edges 12×2n – 12 15 × 2n – 24 6 × 2n – 9 
Table-6: Edge partition of Dn 

 
In the following theorems, we determine the first multiplicative ABC index and multiplicative GA index of Dn.  
 
Theorem 11: The first multiplicative atom bond connectivity index of nanostar dendrimer Dn is  
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Proof: Using equation (1) and using Table 6, we obtain 
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Theorem 12: The multiplicative geometric-arithmetic index of nanostar dendrimer Dn is 
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Proof: Using equation (2) and Table 6, we obtain 

( ) ( ) ( )
( ) ( )( )

2 G G
n

G Guv E G

d u d v
GAII D

d u d v∈
=

+∏   

  
12 2 12 15 2 24 6 2 9

2 2 2 2 2 3 2 3 3
2 2 2 3 3 3

n n n× − × − × −
     × × ×

= × ×     + + +     
 

  

15 2 24
2 6 .

5

n× −
 

=   
 

REFERENCES 
 

1. S. Alikhani, R.Hasni and N.E. Arif, On the atom bond connectivity index of some families of dendrimers, J. 
Comput. Theor. Nanosci. 11(8) (2014) 1802-1805. 

2. A.R.Ashrafi and P. Nikzad, Connectivity index of the family of dendrimer nanostars, Digest Journal of 
Nanomaterials and Biostructures, 4(2) (2009) 269-273. 

3. K.C.Das, I. Gutman and B. Furtula, On atom bond connectivity index, Filomat. 26(4) (2012) 733-738. 
4. N.De and S.K.A Nayeem, Computing the F-index of nanostar dendrimers, Pacific Science Review A: Natural 

Science and Engineering (2016) http://dx.doi.org/10.1016/j.psra.2016.06.01. 
5. E. Estrada, L. Torres, L. Rodriguez and I. Gutman, An atom bond connectivity index: modeling the enthalpy 

of formation of alkanes, Indian J. Chem. 37A (1998) 849-855. 
6. W.Gao and W.F. Wang, The fifth geometric-arithmetic index of bridge graph and carbon nanocanes, J. Differ. 

Eq. Appl. https://doi.org.1080/10236198:2016:1197214. 
7. W.Gao, Y.J. Chen and W.F. Wang, The topological variable computation for a special type of cycloalkanes, J. 

Differ. Eq. Appl. https://doi.org.1080/10236198:2016:1197214. 
8. W.Gao, Y. Wang and W. Wang, and Li Shi, The first multiplication atom bond connectivity index of 

molecular structures in drugs, Saudi Pharmaceutical Journal, (2017), 
 http://dx.doi.org/10.1016/j.jsps.2017.04.021. 
 



V. R. Kulli / Multiplicative Atom-Bond Connectivity 1nd Multiplicative Geometric-Arithmetic Indices of…/ IJMA- 9(6), June-2018. 

© 2018, IJMA. All Rights Reserved                                                                                                                                                                      163  

 
9. W.Gao, M.K.Jamil, W.Nazeer and M.Amin, Degree based multiplicative atom bond connectivity index of 

nanostructures, IAENG, International Journal of Applied Mathematics, 47:4, IJAM-47-4-04, (2017). 
10. W.Gao, W.Wang, D.Dimitrov and Y. Wang, Nano properties analysis via fourth multiplicative ABC indicator 

calculating, Arabian Journal of Chemistry (2018) https://doi.org.10.1016/j.arabjc. 2017:12.024. 
11. N.M. Husin, R. Hasni and N.E. Arif, Atom bond connectivity and geometric-arithmetic indices of dendrimer 

nanostars, Australian Journal of Basic and Applied Sciences, 7(9) (2013) 10-14. 
12. V.R. Kulli, On multiplicative connectivity indices of certain nanotubes, Annals of Pure and Applied 

Mathematics, 12(2) (2016), 169-176. 
13. V.R. Kulli, Multiplicative connectivity indices of TUC4C8[m,n] and TUC4[m,n] nanotubes, Journal of 

Computer and Mathematical Sciences, 7(11) (2016) 599-605. 
14. V.R.Kulli, Two new multiplicative atom bond connectivity indices, Annals of Pure and Applied Mathematics, 

13(1) (2017) 1-7. 
15. V.R.Kulli, Multiplicative connectivity indices of nanostructures, Journal of Ultra Scientist of Physical 

Sciencs, A 29(1) (2017) 1-10. 
16. V.R.Kulli, Some new multiplicative geometric-arithmetic indices, Journal of Ultra Scientist of Physical 

Sciences, A, 29(2) (2017) 52-57. 
17. V.R. Kulli, Atom bond connectivity reverse and product connectivity reverse indices of oxide and honeycomb 

networks, International Journal of Fuzzy Mathematical Archive, 15(1) (2018) 1-5. 
18. V.R.Kulli, Some new fifth multiplicative Zagreb indices of PAMAM dendrimers, Journal of Global Research 

in Mathematical Archives, 5(2) (2018) 82-86. 
19. V.R. Kulli, Multiplicative connectivity Revan indices of polycyclic aromatic hydrocarbons and benzenoid 

systems, Annals of Pure and Applied Mathematics, 16(2) (2018) 337-343. 
20. V.R. Kulli, Multiplicative connectivity Banhatti indices of benzenoid systems and polycyclic aromatic 

hydrocarbons, Journal of Computer and Mathematical Sciences, 9(3) (2018) 212-220. 
21. V.R. Kulli, Multiplicative connectivity reverse indices of two families of dendrimer nanostars, International 

Journal of Current Research in Life Sciences, 7(2) (2018) 1102-1108. 
22. V.R. Kulli, Multiplicative connectivity Revan indices of polycyclic aromatic hydrocarbons and benzenoid 

systems, International Journal of Mathematical Archive, 9(3) (2018) 235-241. 
23. V.R.Kulli and M.H. Akhbari, Multiplicative atom bond connectivity and multiplicative geometric-arithmetic 

indices of dendrimer nanostars, Annals of Pure and Applied Mathematics, 16(2) (2018) 429-436. 
DOI:http://dx.doi.org/10.22457/apam.v16n2a20. 

24. J.B. Liu, A.Q. Baig, W.Khalid and M.R. Farahani, Multiplicative indices of carbon graphine t-levels, Compt. 
Rend. Acad. Bulg. Sci. 7(1) (2018) 10-21. 

25. B.Zhao and H.L.Wu, Pharmacological Characteristics analysis of two molecular structures, Applied 
Mathematics and Nonlinear Sciences, 2(1) (2017) 93-110. 

 
 Source of support: Nil, Conflict of interest: None Declared. 

[Copy right © 2018. This is an Open Access article distributed under the terms of the International Journal 
of Mathematical Archive (IJMA), which permits unrestricted use, distribution, and reproduction in any 
medium, provided the original work is properly cited.] 
 


